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The graph G0 of Kechris-Solecki-Todorčević [3] is a key object in descriptive set
theory. The theory ZF + DCR+there is a fine σ-complete measure on Pω1(R) holds in
the version of Solovay’s model obtained by Levy collapsing a measurable cardinal to
ω1, and in all known models of the axiom of determinacy AD.

Continuing [1], Richard Ketchersid and I prove in this theory a version of the G0-
dichotomy for∞-Borel sets, and use it to show that the quotient of R by the equivalence
relation E0 is a successor of R, a result previously known under ADR, but (perhaps
surprisingly) not in L(R). We generalize this dichotomy to an appropriate “local”
version, which allows us to recover the AD+-version of a dichotomy theorem of Hjorth
[2], and to an infinite dimensional setting, previously investigated for analytic graphs
by Lecomte and Miller.

[1] Andrés E. Caicedo, Richard Ketchersid, A trichotomy theorem in natu-
ral models of AD+, Proceedings of the conference Boise Extravaganza in Set
Theory, (Boise, ID), (Liljana Babinkostova, Andrés Caicedo, Stefan Geschke, Richard
Ketchersid, Marion Scheepers, editors), AMS, to appear.

[2] Greg Hjorth, A dichotomy for the definable universe, The Journal of Sym-
bolic Logic, vol. 60 (1995), no. 4, pp. 1199–1207.

[3] Alexander Kechris, S lawomir Solecki, Stevo Todorčević, Borel chro-
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