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An n-coloring on a set X is a map c : [X]n → 2. Continuous 2-colorings on Polish
spaces have been studied in [3] and in [2]. Given an n-coloring c, the homogeneity
number of c is the least size of a family H of c-homogeneous subsets of X with

⋃
H = X.

A coloring c is uncountably homogeneous if its homogeneity number is uncountable.
In [3] it was shown that there is an uncountably homogeneous, continuous 2-coloring

cmin on 2ω that embeds into every uncountably homogeneous, continuous 2-coloring on
any Polish space. It turns out that the situation is slightly more complicated in higher
dimensions. For every n > 2 there is a finite collection B of uncountably homogeneous,
continuous n-colorings on 2ω such that every uncountably homogeneous, continuous
n-coloring on any Polish space contains an isomorphic copy of one element of B. For
n = 3, a lower bound for the size of such a basis B is 6.

The existence of finite bases is proved using a generalization of a result of Blass [1]
on continuous n-colorings on 2ω that we derive from Milliken’s theorem [4].

If time permits, some things might be said about universal continuous n-colorings.
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